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Character of a singular unitary highest weight





$\mathfrak{g}=\epsilon p(n, \mathbb{R})\cong\{X=\{\begin{array}{ll}A BC -tA\end{array}\}|A\in \mathfrak{g}\mathfrak{l}(n),$ $B,$ $C:symmetric\}$
$\epsilon=u(n)$ 2
$\triangle_{n}=\{\pm(\epsilon_{i}+\epsilon_{j})\}$
$\triangle_{c}=\{\epsilon_{i}-\epsilon_{J}\cdot|i\neq j\}$ $(1\leq i, j\leq n)$ $j$ $X_{ij}=X_{\epsilon;+8j}$
( $(\epsilon_{i}+\epsilon_{2})$ $X$ )




1 $S_{P}(2, \mathbb{R})$ $S_{P}(2, \mathbb{R})$







$V_{osc}=P[z_{i}|1\leq i\leq n]=$ ( $z_{i}$ )
K-
( $U(n)$ )
$X_{\epsilon_{i}+\epsilon_{J}}=z_{i}z_{j}$ , $X_{-(\epsilon_{i}+\epsilon_{j})}=\partial z_{i}\partial z_{j}$.
$m$ K-
$V_{osc}^{\otimes m}=P[z_{i_{J}},|1\leq i\leq n, 1\leq j\leq m]$
$X_{\epsilon_{i}+\epsilon_{j}}= \sum_{k=1}^{m}z_{i,k^{Z_{J}},k}$ , $X_{-(\epsilon;+\epsilon_{j})}= \sum_{k=1}^{m}\partial_{i,k}\partial_{r^{k}}\cdot,\cdot$
$X_{\epsilon_{i}-\epsilon_{j}}= \sum_{k=1}^{m}z_{i,k}\partial_{r^{k}}\cdot,+\frac{m}{2}\delta_{i,j}$ .




3.1 $V_{osc}^{\otimes m}$ $v$ $U(\mathfrak{g})v(\subset V_{osc}^{\otimes m})$
70
4
$1\in V_{osc}^{\otimes m}$ $U(\mathfrak{g})\cdot 1$
( ) $(7, \frac{m}{2}, \cdots, \frac{m}{2})$ (




Torasso [T] $m<2n( \frac{m}{2}<n)$
( $?$ )
5 $U(p^{+})$
$\mathfrak{g}=p^{-}\oplus k\oplus P^{+}$ ( ) $U(\mathfrak{g})\cdot 1$
$Ind_{t\mathfrak{p}-}^{g_{\oplus}}1$ ( ) $Ind_{l\oplus P^{-1}}^{\mathfrak{g}}$ $U(P^{+})$
K- (equivariant map)
$\psi$ : $U(P^{+})arrow U(\mathfrak{g})\cdot 1$
$p^{+}$ $U(p^{+})\simeq S(p^{+})$ . $S(p^{+})$
$ker\psi$







Char $(U( \mathfrak{g})1)=\frac{e^{(\frac{m}{2},\cdot\cdot,\frac{m}{2})}}{\prod_{\alpha\in\triangle_{n}^{+}}(1-e^{\alpha})}=\frac{\Sigma_{w\in W_{cpt}}\det we^{w\rho_{cpt}}}{D}$
$W_{cpt}$ ( $6_{n}$ ) $D$ Weyl denominator $W_{cpt}$
$D$ denominator
$\rho_{cpt}=(\frac{n-1}{2}, \frac{n-3}{2}, \cdots, \frac{1-n}{2})$
$m\geq n$







$\lambda=(\lambda_{1}, \cdots, \lambda_{n})(\lambda_{i}\in Z_{\geq 0})$
$v(\lambda)\equiv\det(1)^{\lambda_{1}}\det(2)^{\lambda_{2}}\cdots\det(n)^{\lambda_{n}}$
( $U(P^{+})$ $P^{+}$ )







$\psi(\det(k))|_{z_{i,k+j}=0}(n-k+1\leq i\leq n)1\leq j\leq$mm-k)









Char $(U(g) . 1)$ $=$
$\sum_{\lambda,\lambda_{k}=0(k>m+1)}Char(U(e)\psi(v(\lambda)))$
$=$ $\sum_{i_{1},\cdots,i_{m}\geq 0,\sigma\in W_{cpt}}\frac{sgn\sigma e^{\sigma(\rho_{cpI}-2i_{1}\epsilon_{1}-2i_{2}(\epsilon_{1}+\epsilon_{2})}-2i_{m}(\epsilon_{1}+\cdots+\epsilon_{m}))}{D_{cpt}}$












7.2 ([N92, Th 6.2] ) $( \frac{m}{2}, \cdots, \frac{m}{2})$
$m>n$ : $\frac{\sum_{w\in \mathfrak{S}_{n}}sgnwe^{w\lambda}}{D}$ ( $m>2n$ )
$m=n-1$ : $\frac{\sum_{w\in \mathfrak{S}_{n}}\sum_{\tau\in Z_{2}}sgn(w\tau)e^{w\lambda}}{D}$
$m=n-k$ : $\frac{\Sigma_{w\in \mathfrak{S}_{n}}\Sigma_{\tau\in Z_{2}^{k}}sgn(w\tau)e^{w\lambda}}{D}$
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